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Oewpia oel. 251 oyorkov BiAiov. @
Oewpia oel. 273 oyorkov BiAiov.
Oewpia oer. 150 oyorkov BiAiov.
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. AvbBéoovpe z=x+yl, X,y €R, Baelvar Z =x—yi

Katn doouévn e&lomon ypapeTon
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2y — 1| ypageTal:
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H oyéom |u ¥

gtvan cuveync kot mapayoyiocyn oto R og¢ anotéhecpa avrictoya npdéemv
VVEYDV KOl TOPAYDYICYLOV GUVAPTCEDV.
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Apa h gtvor yynoiog avéovoa oto R.

1 J' (ex +1), e
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xeR.

Apa n h etvar koikn oto R.

H doopévn avicmon ypdeetat icodvvapa: @
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e o < < n [eh(zw’“)} < ln( ) 1) @
e+1 e+
Enedy  h(l)=1-Ine+1)=Ine—In(e+1)= ( ¢ 1 n
e+

1n[ (2 ] <h(l) = h(2h'(x)) < h(1).

Eneton m A eivr yvnoiog abdéovca oto OKVUTTEL  16000vapa 0Tl

2h(x)<1<:>h(x)< & H(x)<h'(0) (2).

Eneom n A etvan Komn oto R, Ba eivon ko cloc pdivovca oto R.

‘Etot and ) (2) mpokvmrel i1c0dvvopa x
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Eivan lim A(x) = 11m [x In(e™ +1 e’ —In(e* +1)J = lim ln( ¢ j:
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X400 ex +1 +o0
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Apa n oplovtia 610 +oo givoun y= 0.

INa mv Xn aryo OCLUTTOTN oT0 —00 EXOVLE:

lim h(x) — lim (I_Mj: lim |:]—lln(ex+])}:1—0:1.
x> X
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AlOTl +1) nl=0, apod lime* =0 ko llmlzo.
X—>—00 X—>—00 x
you 11m (h(x) x) = 11m [x In(e™ +1)— x} = 11m [ In(e” +1)J =—Inl1=0
/ drylo aoOUTTOTN TG h oTO —00 givoim y = x.

ovpe T1¢ pileg Kat To TPOGNLO TG .
e1dn e* > 0y kdbe x € R apkel va peheticovpe v
g(x)=h(x)+In2 = h(x)—h(0).

Ouwg, g'(x)="n'(x)>0y1wakabe x € R, dpan g eivar yynoing avéovoa 610 R.



Eniong g(0)=A(0)—-Ah(0)=0.

Eneom n g eivan yvnoing avéovoa, 1 piCa x = 0 Ba givar povadkn yo v g.
Mo x> 0 Ba etvan g(x)>g(0) < g(x)=>0.

Enopévag p(x)=e"- g(x) >0 yu kabe x € [0, 1].
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vell/g'(x) =0 o xe" =0 x=0.
ngg'(x) >0 xe" >0 x>0
(x) <0 xe" <0< x<0agove” >0 yio kdbe x € R.

‘Etol mpokintel 0 axdAovboc mivakag HETOBOADY Yo TNV &
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@f’(x(r»f'w)-

Ouwng f' yvnoilng avéovoa dpa ko 1-1, orote x(t)= 0. ‘Etot 1o {ntovpevo onpueio
etvan M(0, £(0)) n M(O0, 1).

OAIKO i :
Yvumepaivovpe 6t g(x) > 0 yo kdOe x € R.

eAdyi10TO =0 @
Apa f'(x)>0 yia k4be x €(—0,0)U(0,+0) 3

kat emedn M f elvar cvveyng oto xo= 0 (€xet omoéstx
r q NG

AMOTEAEG O TTPAEEMV GUVEXDV GUVOPTIGEWY, 9 slog avéovoa oe 6Ao T0 R.
D)

a) Oewmpolye T cuvapTNOoN K(x):J.lx fu x el
Eivan K'(x) = f(x), xeR.
INa xeR"  eivar f(x):e — Q
X
x 0 x o —1
Me x<0=>e <e e —1<0 > 0.
x 0 x " —1
Me x>0=>e" >e ©e -1x0& > 0.
X

Mo x=0 etvar f(0)=1>0.
Apa f(x)>0 yuo K6 R xat1c060vapo
K'(x)>0 yu o / apan K etvar yv. avéovoa 6to R.

04> K (21 (x)) =K(1).
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, ou 1-1 ka1 €tor pokvmrel x = 0.
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00V petaffoing g TeTuMuéVNG y(t) 1oyvet:
x'(t)>0 1

()] 50 =27 (x(0) x(0) S 7(x()=5 &

Kot og Oho 0 R o

—




X

-1
A3. Hovvépmon gyw f(x)= ¢ , x>0 ypaperar
X
X 1 2
g(x) :(xe — +1—ej (x=2)" =(e*—e) - (x-2).
X < § 7
:::a yiowov

H g eivar mopayoyioyn oto (0, +o) ¢ amotérecuo mpacemv.
GUVOPTNCEWV LIE:
g (x) =2(" —e)e"(x — 2)* + (e —e)’2-(x - 2) =

=2(e"—e)(x—2)[e" - (x—-2)te" —e]=

=2(e"—e)(x—2)(e" -x—2e"+e" —e]=

=2:(e" —e)(x—2)(xe" —e" —e). O\

o Oftovue A(x)=x-e"—e* —e, xe(0,0). H h eivor svveyng wg amotéheopa
TPAEEDV GUVEXDV KOl TTOPAYDYICYLMV GLVOPTN c@

Eivaw A'(x)=e"+x-e"—e* =x-¢" >0 yio ka0 ©). Apan h eivan
yvnoeing avéovoa oto (0, +00). EEdAAov siv =—e<0, h(2)=e-(e—1)>0.

H h eivan cvveymg oto [1, 2] ko emetdn A

‘b 0, mpokvmrel omd 10 O.
Boltzano 6t1vedpyet xo € (1, 2) dote 0. H h eivan yymoing avéovaca, dpa
M piCa xo etvon povadwm oto (1, 2). 'Exot, pe x> x, = h(x) > h(x,) = h(x)>0.

ue x <x, = h(x) <h(x,) = h(x) <0

o ¢“—e=0e =x=1.

ef—e>0e" > > x>1
ef—e<0oe < ox<l.

‘Etol mpokintel 0 axodro mivakog HeTafordv
X @ 1 X 2 towo

// B e

[/ EE
L 1))

3D

@ o [N\ |7
@ T.€. T.M. TE

[Tpoxvmtel 0TI M g £xel dVO BEGELS TOTIKAOV AayioTOV Kal pa BEGT TOTKOU peyioToL.




